1.1.11 Letaand b be real numbers with a < b. Prove that there are integers m and n=0

sothat a<<b
n
Proof: a<b=b-a>0 Definition of positivity
=3dneNo>snb-a)>k VkeR,n=0 Archimedian property
= nb—-na>1 Distributive property

=nb>1+na>na
Define m=smallest integer less than or equal to 1 + na
=nb>m>na

Since n#0

m
=a<—<b
n



